Introduction
Let fi denote the class of functions oo g(z) = y, c k z k fc=1 holomorphic in the disc K z : |z| < ij and such that |q(z)| < 1 for z eEb For any arbitrary fixed numbers A,B, -1 < A ^ 1, -1 < B < A, o£>0, denote by ^(A.B) the class of all functions oo (2) f(z) = z + a k z k k=2 holomorphic in K, f(z) f'(z) ^ 0 in 0 < jz| <1 and such that z € K, for some q e ft . Evidently ^(A.B) C .-1) and 91^(1.-1) = Vt u , where the well known class of a.-convex functions introduced by Mocanu (16] . Certain properties of TO^CA.B) are given in £7]» In the present paper we obtain, among others, in the family 91?^(AjB) an estimation of the maximum of the modulus M(r,f). as r-»1~t the Hardy classes for f,f' and f", and 
Distortion properties
We shall make use of the following notation« These bounds are sharp, being attained at the point z = re -1 ""» 0 ^ x < 2jt, by f^ and irrespectively, where , _ if* oC (6) f#(ot,AfB;z)
#4" ' (ITC^CAj-D is therefore the class of a-convex functions of order ^p-.) In the following theorem we shall see that certain elements of the class Tti^(A,-1) are also bounded in K.Namely we have Theorem 1. For any arbitrary f e 3tt A (A,-1), -1 < A 4 1 the following estimations hold as r -»1i
, if oL > 1 + A.
These estimations are best possible as r Proof, (i) Let f e 7tt 0 (A.-1). Then by Theorem A and (4) we obtain M(r) < K(0,A,-1;r) = r(1 -r)" 1 " 1 .
Hence M(r)(1 -r) 1+A < r <1.
This proves that M(r) = 0(1/(1 -r) 1+A ), r -1~«
Let f e Ifl^Aj-l) for 0<oc<1 + A. Then we infer from (4) and from Theorem A that Theorem A makes also possible the estimation of |f'(z)| , f elE^A^) for ct ^ 1 (see [12] ). Let K(c*,A,B;r) be defined by (4) and (5) .
Then the following theorem holds: Theorem 2. If f e TTC^A.B), ot > 1, then for | z | = r < 1 the following sharp estimations hold (11) jj K(a,-A-B;r) < (f'(z)|< K(cX,A,B?r).
Proof. Let f e Ttl^iA,B), ot > 1. It has been shown in [7] that f e "ift^AjB), oi > 0 iff there exists </>eTTC 0 (A,B) such that The case when B = 0 and the left-hand side of the inequality (11) is proved in a similar way. We can see from (13) » that equalities in (11) are attained at z priate functions ir re by approf ^ and defined in Theorem A.
The Hardy classes
Function f holomorphic in the unit disc K is said to belong to Hardy'? class H*(0 < K" 6 [4] , [13] . In this part of the present paper we shall extend their results onto the family "Wt (A,B). Remark. Theorem 3 provides information about the asymptotic behaviour of the coefficients of unbounded functions. Let, e.g. f e "Wl^Aj-l), 0 < <*. < A and f(z) # £ f^(cx,A,-15z). Then we obtain directly from Theorem 3 (i) and from the well known fact (cf. e.g. [2] , p.98) that a Q = = o(n A~a )as n-00 . We shall determine now the Hardy classes for f'. It has been noticed in [7] (cf. also [8] ), that if B = -1, then the value of any function (15) for any z e K are in the disc
Therefore P e H°°. We obtain from Theorem 3 (iv) that also
•i^eH 00 . Hencefrom and from (14) we obtain (i). Notice that the case when f(z) jt i^(oi,A,-1 $ z) concerns the existence of £ demands a special discussion (cf.e.g. [14] ). We omit here the detailed calculations.
Remark. For 0 ex ^ 1 the results contained in Theorem 3 (i) and Theorem 4 (ii) can be obtained also from the recently published result of Nasr [17] (different techniques of proof were applied).
Miller and Mocanu noticed -chat there exists f 6 7JL(1|-1) such that ±"4-H for arbitrary ^ > 0. Moreover, there exists f 6 W^O, -1),ot>0, such that f (n) i H* for any A>0 and n = 3,4,..., [13 Similarily as in [13] we discuss Notice that formula (14) in the paper [9] does not contain the above result. A correct estimations of [ for ot = 0 and B jt -1 can also be found in [ 5] • Immediately from Theorem 6 we obtain the following corollary. A» 1 and B r -1 or A a 1 -2|5 (0 < |i < 1)  and B s -1, then (20) is reduced to known estimations in  the class of a-convex Notice that the sharpness of the estimation in the Lemma implies the sharpness of (24).
The function occurring in Theorem 7 is defined by raesns of three different formulas. However, it is fairly easy to calculate its values. -225 -Notice also that formulas (14) and (15) ^ÎE^pCAjB)) ^ denotes the set of p-th powers of functions belonging to n^p(A,B).j As can be easily seen (3ee [7] ), the functions belonging to 3JI (A,B) are p-valent in K. Relation we can obtain analogues of (24) and (25) for coefficients of gettJ'iM). I would like to thank Z.J.Jakubowski for much helpful advice during the preparation of this paper.
